Abstract. McMullen et al. [3] characterized all three-dimensional monotypic polytopes by presenting four types of such polytopes. They stated that three of these types are strongly monotypic polytopes. We examine which monotypic polytopes of the fourth type are strongly monotypic. This way we complete the description of all strongly monotypic polytopes in M 3 .
Introduction
Let X = (X, T) be a Hausdorff topological vector space and let 9C(X) be the family of all nonempty compact convex subsets of X. The Minkowski sum of A, B G 3C(X) is defined by A + B = {a + b | a G A, b G B}.
We also denote k • A = {k • a | a G A} for k G R. We say that a set B G "X.{X) is a summand of A G %(X) if there exists C G 3C(X) such that B + C = A. (see, for example, [4]).
A polytope by definition is the convex hull of some finite subset of X. In [3] P. McMullen, R. Schneider and G. C. Shephard introduced the notion of monotypic polytopes, where a polytope P G R n is called monotypic if every polytope Q having the same set of outward normals of facets as P is strongly combinatorially isomorphic to P. They proved that a polytope P in R n is monotypic if and only if for any x G R n the polytope P fl (P -x) is either empty or homothetic with some summand of P. McMullen et al. [3] in paragraph 37 gave the classification of three-dimensional monotypic polytopes consisting of four following types:
(i) polygonal prism with disjoint non-parallel bases, (ii) polygonal prism with parallel bases, (iii) polygonal wedge, (iv) skew cube (see Figure [1] ). Moreover, they [3] introduced the class of strongly monotypic polytopes. Here the combinatorial isomorphism property is replaced by the stronger requirement that the corresponding hyperplane arrangements generated by the facets of Q and P are combinatorially isomorphic. They proved that a polytope P in R 3 is strongly monotypic if and only if for any x G M 3 the set P (~1 (P -x) is either empty or a summand of P. They also noticed in paragraph 43 (ii) that the tree latter types are strongly monotypic polytopes. Now we need some definitions. We say that a side A; of a polygon A dominates over A if k is the image of A by some parallel projection on the straight line containing k. Notice that k dominates over A if and only if the sum of angles in A adjacent to k is not greater than 180 degrees. Every side of any given triangle dominates over it. Every quadrilateral has at least two adjacent dominating sides. Every polygon with more than four sides has at most two dominating sides. Any affine mapping preserves domination of the image of k over the image of A. By polygonal wedge McMullen et al. meant a polygonal prism which bases have a common edge that dominates over both bases.
We say that an edge of a polygonal prism is a side edge if no base of the prism contains this edge. By polygonal prism with disjoint non-parallel bases they [3] meant a polygonal prism having exactly two shortest side edges (see Figure 1 (i) ).
Strongly monotypic polytopes in R 3
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A polytope A € CP 3 is called a skew cube if (i) A has exalty six quadrilateral facets, (ii) exactly three neighboring facets of A are trapezoids, (iii) all three trapezoid facets of A have a common vertex.
In Theorem we decide when a polygonal prism with disjoint non-parallel bases is strongly monotypic. This leads us to the complete classification of strongly monotypic polytopes in M 3 .
Dull wedges
Let A be a polygonal prism with two disjoint non-parallel bases A\ and A2. Let fc C C A2 be the two parallel edges of A joining two shortest side edges of A. If k and I dominate over A\ and A<i then we say that A is a dull wedge.
PROPOSITION 1. If a polygonal prism, with two disjoint non-parallel bases is not a dull wedge then it is not a strongly monotypic polytope.
Proof. Let A be a polygonal prism with two disjoint non-parallel bases A\ and A2. Let k C A\,l C A2 be the two parallel edges of A joining two shortest side edges of A. By assumption k and I do not dominate over A\ and Ai-We will prove that there exists x € R 3 such that Af\ [A + x) is neither empty nor a summand of A. Let A be a prism fulfilling the assumptions of our proposition and y be a vector in M3 such that k = I + y. Let a > 1 be any number such that the vector ay is shorter than all but two shortest side edges of A. 
THEOREM. A polygonal prism with two disjoint non-parallel bases is strongly monotypic if and only if it is a dull wedge.
Proof. In view of Proposition 1 it is enough to prove that every dull wedge is a strongly monotypic polytope. Let A be a polygonal prism with two disjoint non-parallel bases A\ and A2. Let k C Ax, I C A2 be the two parallel edges of A joining two shortest side edges of A. Since A is a dull wedge then k and I dominate over A\ and Ai-By Theorem 2 in [3] it is enough to prove that the polytope A fl {A + x), x € R 3 is either empty or it is a summand of A. 
Sallee's sets in R 3
In a topological vector space X we say that a nonempty compact convex set A is a Sallee's set if the set P| xeA (yl -x) is empty or a summand of A for all A C X (see [5] ). It is an interesting question in itself which compact convex sets in X are Sallee's sets.
In the case of 3C(R 2 ) the family of all Sallee's sets is equal to 3C(R 2 ) (see [6] ). If S is the semigroup of all three-dimensional convex polyhedra (including polygons, segments and singletons) the family of all Sallee's sets consists of all prisms, wedges, dull wedges, skew cubes, polygons, segments and singletons (see [3] ). The family of all Sallee's sets in the semigroup of 
